
Why Russell’s negative facts are not that easy to refute 

Tudor Mărginean 

 

 

Introduction 

In his third lecture of his The Philosophy of Logical Atomism Russell confesses that he 

caused the riot of his students by talking about negative facts. At a first glance I agree that the idea 

that we have to be committed to a good deal of additional new facts, besides those that Russell 

names positive facts, seems odd.  

In this paper I am going to defend the claim that the commitment to negative facts is 

acceptable, but in a slightly different manner than the one Russel advocates for. Firstly, I will 

shortly present some basic ideas related to Russell’s logical atomism as expressed in his 1918 

work. A logical atom, or the atom of logical analysis, involves one or more “particulars – such 

things as little patches of colour or sounds, momentary things” (Russell, 1985, p. 3) and a quality 

(i.e. a monadic relation) or a relation between particulars. More clearly, an atomic proposition, 

consisting in proper names which stand for the particulars, and predicates, which stand for 

relations, expresses an atomic fact consisting in a relation together with the terms of the relation. 

A complex proposition consists in more atomic propositions brought together by logical 

connectives, or in quantified propositions. On the other hand, we haven’t a correspondence 

between all types of propositions and facts: a molecular proposition such as Fa v Fb doesn’t express 

a disjunctive fact, for example. But, as we will see, a proposition like -Fa expresses a fact, namely 

a negative fact.  

As a last thing to point out in the introduction, there is a “truthmaker” relation between 

facts and propositions. While facts cannot be true or false, a positive fact is a truthmaker for a true 

positive proposition and a falsemaker for a false negative one, and a negative fact is a truthmaker 

for a true negative proposition, and a falsemaker for a false positive one. This is the picture Russell 

advocates for by accepting the existence of negative facts. 

 



 Negation as incompatibility 

 There are some objections coming from his special treatment of negation as a different kind 

of logical operator. By separating negative molecular propositions and simple negative 

propositions, and adding the latter to the class of atomic propositions, Russell seems to treat 

negation as a primitive, such that the fact which a negative proposition expresses is not reducible 

to “regular” types of facts. This is not the case for disjunction or conjunction. Fa v Fb has, as a 

truthmaker, either the fact that a has the property F, or the fact that b has the property F (or both). 

But, obviously, these are positive facts of the sort affirmative atomic propositions are used to 

express. In a similar way, Fa & Fb is made true by both a having the property F and b having the 

property F. For that reason, molecular facts such those described above are not proper facts 

because they can be reduced to simple positive facts. Furthermore, al Linsky points out (Linsky, 

2018), this can be seen if we pay attention to the introduction and elimination rules in natural 

deduction. In the case of conjunction, the introduction rule is straightforward: if we have the two 

conjuncts, we can add the conjunction between them. The elimination rule is as straightforward in 

the case of elimination: if we have a conjunction, we can simply extract the two conjuncts. In the 

case of disjunction, the rules are straightforward too, in the sense that we need only simple, atomic 

propositions in order to introduce the connective, and we use only atomic propositions when we 

eliminate it. The case of negation is different: in order to introduce the negation, for example, we 

have to obtain absurdity (which, at least conceptually, involves negation; or, at least, it involves 

other kinds of formulae than atomic propositions), and in order to eliminate it we have to obtain 

another negation (in order to obtain the absurdity). From this it is obvious why negation has a 

different status, compared to disjunction or conjunction. 

 An objection to this view comes from Demos, who tries to explain negation in terms of 

incompatibility: 

 “Corresponding to the exclamation of the simple phrase we have the assertion of the negative 

proposition, and just a “Rain!” is really “Rain exists” (“There is rain”), so “not-p” is really “not-p is true”, 

or “an opposite of p is true”, or “some proposition is (no line breaks after “so” above, or “is”) true which is 

a contrary of p” (Demos, 1917) 

 By saying that by “not-p” we understand “an opposite of p is true”, Demos proposes that 

negation can be in some way reduced to incompatibility between the negated proposition and 



another proposition and, in the same way, a negative fact (expressed by -Fa) can be reduced to an 

incompatibility between the fact expressed by Fa and another fact which is expressed by our 

judgement, Fb, let’s say.  

 Russell’s answer to this objection is that there is no incompatibility between facts, but only 

between propositions. No fact, he says, is incompatible with another fact, but only a proposition 

can be incompatible with other proposition. I find this answer not satisfying, because if there is a 

correspondence between propositions and facts, then if the truth of one proposition implies the 

falsity of another one, then the fact expressed by the first one may rule out the obtaining of the fact 

expressed by the second. I think a better way to put it is that there is no fact that two facts are 

incompatible, such there is no additional fact that facts A and B are both facts. More precisely, we 

treat incompatibility in the way we treat disjunction or conjunction: it is sufficient for at least one 

of the facts not to obtain for incompatibility to be true, such as it is sufficient for at least one of 

them to obtain for a disjunction to be true. 

 A different answer to the reduction of negation to incompatibility would be that the 

acceptance of incompatibility facts would 1) complicate our ontology and 2) it doesn’t get rid of 

negation.  

 Firstly, let’s say, we want to see in what consists the truth of the proposition “This carpet 

is not red”. We may observe that it is blue, but that in itself doesn’t rule out the carpet being red. 

We may add then the fact that for every object, that object being blue implies that the object is not 

red. We can derive then a modus ponens: if the carpet being blue rules out it being red and the 

carpet is blue, then it is not red. But, as we see, by doing this we only replace the odd negative 

facts with an even more odd class of facts (Russell, 1985, p. 44). Nothing is earned in terms of 

parsimony. 

 Secondly, incompatibility facts involve negation. In the example above, we only say that a 

carpet being blue implies the negation of the carpet being red, so we now have to explain the latter. 

Two objections may arise here: firstly, it is a matter of arbitrariness which of the two connectives 

is prior: negation or incompatibility (the “nand” operator). We cannot establish whether 

incompatibility is to be understood in terms of negation or vice versa, in the same way in which 

there is no unique way to reduce complex propositions of logic to a restrained set of connectives. 



We can reduce all of the connectives to negation and disjunction or negation as conjunction, for 

example. Incompatibility, it seems, can be used to reduce all the connectives1. At this level, it may 

be an argument for incompatibility to be held as prior. But when we talk about facts we enter into 

the territory of metaphysics, and a useful criterion here may be the simplicity of the kind of facts 

we want to add. A negative fact, when it is expressed, only involves one proposition. If it is a fact 

that Socrates is not alive, then it can be expressed as -As. An incompatibility fact, on the other 

hand, when expressed, needs to be expressed in terms of two propositions: we have to say what is 

incompatible with Socrates being alive. 

 The second objection is that there is a difference between negation and falsity. This 

objection will be explored in the next section. 

 

 Negation and falsity 

 To the claim that incompatibility involves negation it can be replied that incompatibility 

only entails a fact not obtaining, without referring to a negation. To make clearer I may try to show 

why we need negative facts in the first place. As I said in the introduction, it is easy to see what 

plays the role of truthmaker for positive atomic propositions, namely positive facts. The difficulty 

arises when we try to find the truthmakers for negative propositions, because there may be two 

main alternatives. Either there are negative facts which do the job, or there are only positive facts, 

and a negative proposition is true if a specific fact does no exist. In the last case, -P is true if P is 

false, which is the case if and only if the fact described by P fails to exist. In this situation it seems 

wrong to say that incompatibility involves negation: it only involves the absence of certain facts, 

which further involves the falsity of certain positive propositions. If there are no negative facts, 

but only non-obtaining facts (that is, non-existent facts), then we have to define negation in terms 

of the falsity of another proposition. But, if to say non-P and to say “P is false” are just different 

ways to say the same thing, then to explain negation in terms of the falsity of another proposition 

                                                             
1 For example, -P can be written as P nand P. P V Q can be written as ((P nand P) nand (Q nand Q)), and P & Q can 
be written as ((P nand Q) nand (P nand Q)).   



means just to explain negation in terms of negation. In this case to admit the existence of negative 

facts seems to be the better option. 

 A strong objection to my answer to the objection exposed above is that we may define 

negation and falsity in different terms, such that to explain negation in terms of falsity is no longer 

trivial. Rosenberg tries to do exactly that (Rosenberg, 1972). 

 He says that the distinction between negation and falsity is related to the distinction 

between different levels of language. To say that -P is true is to say that P is false, and can be 

analysed in the following manner: “-P is true” is true if and only if P is false (Rosenberg, 1972, 

pp. 31-32). In this case falsity works at the metalanguage level, so it does not interfere with the 

level of the negation. In this way, he argues, we may be able to avoid negative facts, because we 

can explain negation in terms of falsity (which is the negation of a fact obtaining, but at the meta-

level) without triviality. There is one objection to this account (but which doesn’t work): how does 

Rosenberg account for the meta-language proposition? What are the conditions of P being false? 

If we say that “P is false” is true if and only if P is false, we just move to the second meta-level, 

and the problem of accounting for the falsity persists. Here Rosenberg may be right in replying 

that we need not be concerned by explaining the falsity for each language level. This analysis is in 

some ways similar to the Tarskian (deflationist) account of truth. Unfortunately for Rosenberg, he 

must reject not only the existence of negative facts as truthmakers, but of facts as truthmakers in 

general, because in his account truthmaking (or falsemaking) is explaining by appealing to meta-

languages. But, if we keep the russelian ontology of facts as truthmakers, as Rosenberg does (he 

rejects only negative facts, not facts as truthmakers in general), we need to explain falsity in terms 

of facts, and in this case, we cannot apply to meta-languages without regress to infinite. 

 A final objection brought about by Rosenberg (Rosenberg, 1972, pp. 34-35) is that if we 

accept negative facts we fail to account for the distinction between negative and positive facts. 

Firstly, as Perovic points out (Perovic, 2018, p. 208), there is no separate constituent for the 

negative fact: positive and negative facts have the same number of constituents. If a fact has as 

constituents some particulars under a relation, we have two alternatives which are equally bad. 

Let’s say that it is false that aRb. In this case either a and b are under the relation R, but in a 

“negative way”, or they are simply not under R. In the first case we completely fail to explain the 



difference between positive and negative facts, because both -aRb and aRb would have as 

constituents a, b and R. In the second case we would fail to solve Bradley’s regress: if there is no 

higher type relation binding two objects, then there would be only their internal relations to do the 

job. But in this case we would need further relations to relate de previous relations ad infinitum. 

 The only answer to this problem would be to say that positive and negative facts have 

different structures: a negative fact that there is no relation R between a and b would be explained 

by that there is no such a compound as a, b and R. I will take the further analysis from Rosenberg. 

Let’s suppose that p is our atomic proposition and p is false. Under the view proposed by 

Rosenberg, it can be analyzed as ”–(∃f)(pCf)”, where f stands for a fact and C stands for the 

correspondence relation. But this formula needs to be analyzed in the following way, according to 

Rosenberg’s proposal: it is false that (∃f)(pCf), which means that pCf1, pCf, pCf3…are all false. 

In this case they should be analysed as ”–(∃f*)(‘pCf’Cf*)”, namely that there is no fact f* such that 

there is a correspondence between the fact compounded by p, C and f and f*. But if we want to 

explain the truth of ”–(∃f*)(‘pCf’Cf*)” by the same method, here we would have a regress to 

infinite. The alternative is to say that there is a (negative) fact that there is no correspondence 

between p and a fact f. 

 Rosenberg answers (Rosenberg, 1972, p. 35) to this by saying that there is no way for 

Russell to keep the argument sketched above, and to say that a negative fact has the form “there is 

no fact such that there is a correspondence between that fact and p”. This is because the 

correspondence relation is not a regular relation: a relation relates two objects and this complex is 

expressed by a predicate and two names. But since one of the relata of correspondence is a fact 

and, according to Russell, facts cannot be named (Russell, 1985 pp. 13-14), his analysis fails to be 

consistent with his own larger view. 

 That is why, as I said in the introduction, we can keep negative facts only with a cost. The 

larger view compatible with negative facts is one in which either (1) facts can be named, or (2) not 

all facts are expressible by propositions. The second proposal implies that negative facts are not 

expressible by propositions, which is at odds with the idea of negative facts as truthmakers for true 

negative propositions, so we must accept the first one, if we want to keep negative facts. For 

example, we may say that facts can be named only by true propositions: a proposition is true if it 



names a fact: a positive atomic proposition has to name a positive fact, and a negative one has o 

name a negative fact2. A further correction may be added. Russell maintains that positive and 

negative facts have to share the same form, so there is no “fact-component” for negation. If we 

want to keep that, we may propose the following structure for negative facts: a negative fact 

consists in the disjointness of a relation R and relata a and b, taken as a compound.  

 

 Conclusion 

 Russell’s negative facts are defensible against attempts to replace them with 

incompatibility facts or to eliminate them altogether by saying that negated propositions can be 

analyzed in terms of false propositions that just fail to correspond to a fact. 

 In the first case, incompatibility is just a more cumbersome replacement for negation, if we 

want to accept incompatibility facts, and it also involves negation. In the second case we saw how 

the distinction between negating a proposition and affirming its falsity, based on different language 

levels, failed to account for the nature of facts as truthmakers. At the same time, the mere absence 

of a correspondence between a proposition and a fact is the negative fact, but it comes with the 

cost (the lesser evil) of accepting that facts can be named. 

 

 

 

 

 

 

                                                             
2 There is another cost: Russell seems to be commited to the idea that the difference between positive and 
negative facts is irreducible (Perovic, 2018). But, as I argued, an irreducible difference would fail to account for the 
difference between affirmation and negation.  
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